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20. el6das:
Hatarozott integralok kiszamitasa
integralasi technikakkal
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Hatarozott integral kiszamitasa parcialis integralassal
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Feladat
/2 (2 /2 /2 (2
/mcos(Qx) dz = {msm( x)} — / sin(2z) dz =
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g'(x) = cos(2x) g(x) = %
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Hatarozott integral kiszamitasa helyettesitéses integralassal

b ty
/ f@yar= [ o)) a,

ahol & = z(t) monoton fliggvény és x(t,) = a, x(tp) = b.

1 T
[ o
0 693—1—1
1

Ha t = e* = z(t) = Int, melynek derivaltja: 2/(t) = T

Hatarok: ha z =0, akkor to = e¢® =1, ha z =1, akkor t; = el =e.

c ot 1 ¢ 1 e 0
L —dt:[ ¢ t] — arctg(e) — ~.
/1t2+1t /1t2+1 arctg(t) || = arctg(e) = 5

Pelda:
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Feladat

/07r sin(y/z)dz =

d
Hat:ﬁéx:tz,hat>0,és£:2t.

Hatarok: z=n2~t=n z=0~t=0

:/ sin(t) - 2t dt = 2/ tsin(t) dt =
0 0

fO =t g =sint) — =1, gt)=—cos(t)

Matematika Al elSadas 6



Hatarozott integral kiszamitasa parcialis tortekre bontassal

2

3 4 3 2 3
x* +1 ¢+ 1 x
= T dz= Nt — = de=|=
/zx%c—l) ! /2(“ e {2 ”]ﬁ

+/3A+B+Cdx—
o x 22 (x—1)

2*+1  Az(x—1)+B(x—1)+Cz* Aa® — Az + Bx — B+ Ca?

z?(z — 1) z?(z —1) z?(z —1)
A+C=1, B-A=0, -B=1 = A=-1,B=-1,C=2

3

15 3.1 41 2 7 1
(2 )4—/2 3:+3:2+(3:—1) z =g+ n|x|+x+ n |z |2

% —1In(3) +1n(2) + % - % +2In(2) —2In(1) = 13—0 —In(3) + 31In(2).
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